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product can be rewritten as  which, by the

unique factorization of integers into primes, expands to give .
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From (2) we thus obtain
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Finally, from (1) and (3), we have  
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which contradicts the fact that the harmonic series diverges.
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109.02 Sum of integers formula − another visual demonstration

This Note deals with a visual proof of the sum of positive integers

formula: , where .2 ∑
n

i = 1

i = n (n + 1) n ∈ �

Note that the diagram shows an array of  shaped strings, where the
length of the strings are 2, 4, 6, . . . ,  respectively.2n
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